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ABSTRACT: Time-energy entangled photons produced by
spontaneous parametric down-conversion (SPDC) are employed
to calculate vibrational hyper-Raman (HR) signals of the
conjugated organic chromophore Wu112. Compared with classical
light, time-energy entanglement can provide selectivity of Liouville-
space pathways and thus suppress the strong broad electronic-
Raman background arising from one-photon resonances of the
intermediate states. The entangled-photon HR signal scales linearly
with the SPDC pump field intensity rather than quadratically for
classical light, which allows weak-field measurements on fragile
samples.
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Entangled photons are of fundamental importance in
quantum technologies such as computation,1 communi-

cation,2 and imaging.3 Photons can be entangled in different
degrees of freedom:4−10 position, momentum, time, frequency,
polarization, and orbital angular momentum. Growing efforts
have been made recently to employ time-energy entangled
photons in nonlinear molecular spectroscopy.11−14 In en-
tangled two-photon absorption,15−30 the simultaneous tempo-
ral correlations and spectral anticorrelations can overcome
Fourier-limitation on the joint temporal and spectral
resolutions. Linear rather than quadratic scaling of signals
with photon fluxes is another notable merit.
Here we focus on a different two-photon-induced signal:

vibrational hyper-Raman scattering,31 in which the absorption
of two photons at frequencies ω1 and ω2 is accompanied by
the spontaneous emission of a photon at frequency ωr = ω1 +
ω2 − ωg′g, where ωg′g = Eg′ − Eg is a vibrational transition
frequency at the ground electronic state manifold (see Figure
1b). This two-photon extension of linear Raman scattering has
different selection rules so it can provide complementary
information to infrared (IR) and Raman spectroscopy. For
example, the HR signal can reveal “silent modes”32 that are
both IR and Raman inactive. It has also been shown that, in
combination with linear Raman scattering, HR scattering can
help disentangle overlapping electronic transitions in the
absorption spectrum.33,34

Typically, HR signals are extremely weak (105−107 weaker
than ordinary Raman signals). One way to enhance the signals
is through electronic resonances.35 Hitherto, most studies have
focused on two-photon resonant HR signals, but the two-
photon-induced fluorescence can severely erode the signal-to-

noise ratio of the HR spectrum. Here, we study HR signals of a
conjugated organic chromophore Wu112 with one-photon but
no two-photon resonances, thus, avoiding the fluorescence
background. We find that classical HR signals are greatly
enhanced by the one-photon resonances of the intermediate
states, but this enhancement is accompanied by a strong broad
electronic-Raman background, which can dominate the sharp
HR peaks. However, by applying time-energy entangled
photons produced by type-I SPDC,4,11 we show that the
Liouville-space pathways contributing to this background can
be suppressed. Moreover, rather than quadratic scaling with
the pump field intensity in the classical case, the entangled-
photon HR signal scales linearly with the pump field intensity
and thus enables HR measurements on fragile samples at low
photon fluxes. In the Supporting Information we also examine
the HR signals with a two-photon, but no one-photon
resonance, and find that entangled photons have no effect on
the relative intensities of the fluorescence and HR components,
but simply scale both equally.
This paper is structured as follows: We first introduce the

vibronic Hamiltonian for Wu112. We next present the
expression for the HR signal. Then, we calculate the HR
signals generated by classical light both resonant and off-
resonant with the intermediate electronic state and discuss the
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signal enhancement and the strong broad background. Finally,
we introduce the entangled-photon state and demonstrate the
suppression of this background by time-energy entanglement.

■ THE VIBRONIC MODEL
The thiophene derivative Wu112 (see Figure 1) is a “push−
pull” conjugated system with a strong intermolecular charge
transfer band around 600 nm in cyclohexane.36 It is described
by the following vibronic Hamiltonian:

∑ ∑ ∑ ∑ω λ λ ω= | ⟩⟨ | + + | ⟩⟨ | + +
μ

μ μ μ
μ

μ μ μ μ μ
= =

†

=

†H E s s a a s s a a( / )M
s g e f

s
s e f

s s
, , 1

4

,

(1)

where the three terms represent the electronic and vibrational
degrees of freedom and their couplings, respectively; aμ and aμ

†

are the annihilation and creation operators of the μ-th
vibrational mode; λsμ is the coupling strength between
electronic state s and vibrational mode μ. The model has
three electronic states (ground state g, intermediate state e, and
doubly excited state f) and the four dominant vibrational
modes in the HR spectra reported in ref 36.
We assume a dipole light−matter interaction Hamiltonian in

the rotating wave approximation,

∑= − ̂ +†

=

H V E t( ) H.c.I
j r

j
1,2, (2)

where V and V† are the lowering and raising parts of the

transition dipole operators. ∫ ω ω̂ = ω

π
ω∞ ℏ ̅

ϵ
−E a ed ( )j j cA j j

i t
0 4

j j

0
is

the positive-frequency component of the electric field operator
of the first/second/emitted (j = 1, 2, r) photon beam, where aj
and aj

† are the annihilation and creation operators for beam j
photons that satisfy [a(ω), a†(ω′)] = δ(ω − ω′), c is the light
velocity, A is the effective area of the field, and the slowly
varying envelope approximation has been applied, which
assumes that the field bandwidths are negligible compared to
the central frequencies ω̅j.

37

■ HYPER-RAMAN SIGNAL
The HR signal is defined as the emission rate of photons with
frequency ωr:

ω = ⟨ ⟩
→∞

†S
t

a a( ) lim
d
dr

t
r r (3)

Figure 1. Molecular structure (a) and level scheme (b) of Wu112. It
is described by a vibronic model in eq 1 with parameters Eg = 0, Ee =
16350 cm−1, Ef = 25800 cm−1, ω1 = 1184 cm−1, ω2 = 1420 cm−1, ω3 =
1528 cm−1, ω4 = 1592 cm−1, λe1 = 767 cm−1, λe2 = 953 cm−1, λe3 =
1081 cm−1, λe4 = 981 cm−1, λf1 = 940 cm−1, λf 2 = 1167 cm−1, λf 3 =
1323 cm−1, and λf4 = 1202 cm−1.

Figure 2. Ladder diagrams representing the Liouville-space pathways of HR signals for systems with two-photon off-resonant doubly excited states.
Their complex conjugates are given by other diagrams (not shown). Incoming arrows denote photon absorptions and outgoing arrows denote
photon emissions. On each side, two photon absorptions are followed by one photon emission. When the entangled photons are employed, the
time interval between two photon absorptions on each side is limited by the entanglement time Te (see the red arrows). In diagram (II), no event
happens on the ket side within the time interval between the two photon absorptions on the bra side. In contrast, there are one absorption and one
emission events on the ket side within the corresponding time interval in diagram (II) and two absorption and one emission events for diagram
(III). Therefore, diagrams (II) and (III) are suppressed for sufficiently short Te.
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To the sixth order in the light−matter interaction, and

considering that the f states are far off-resonant from the two-

photon frequency, we find that six Liouville-space pathways

contribute to the signal (given by diagrams in Figure 2 and

their complex conjugate pairs; for diagram rules, see ref 38).

They give

∫

∫

∫

∑

∑

∑

ω = + +

= + + + + +

×

×

= + + + +

×

×
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where Cgef f ′e′g′ = Vge′Ve′f ′Vg′f ′* Vg′fVef*Vge*, G
(2)(ta, tb, tc, td) = ⟨E†(ta)

E†(tb)E(tc)E(td)⟩ is the field correlation function in the

interaction picture, and γs are the electronic and vibrational

dephasing rates. SI, SII, and SIII correspond to diagrams (I),

(II), and (III) in Figure 2, respectively. The field correlation

function G(2) depends on the nature of the light source.
Classical Light. In the following, we use two classical

monochromatic pump pulses with frequencies ω1 and ω2 to

excite the molecule. The difference between ω1 and ω2 is much

larger than the vibrational frequency, so we can focus on two-

photon excitation induced by one photon from each pulse,

because signals induced by two photons from the same pulse

will be in different frequency regimes. Additionally, two-

photon excitation energy ω1 + ω2 lies in the gap between the e

and f vibronic manifold to avoid two-photon resonances. With

E1,2(t) = αPL(ω1,2)e
−iω1,2t, where ω = ω

π
ℏ

ϵ
L( )

cA1,2 4
1,2

0
and |αP|

2

defines the pump photon flux, we obtain

∑
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⟨ ⟩ = * *
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=
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2
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(5)

where i ̅= 3 − i and j ̅= 3 − j. Substituting the above expression

into eq 4, we obtain
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where the last term in SI is obtained by dropping the real part
of 1/(ω1 + ω2 − ωg′g + iγg′g) because it gives unphysical
fluorescence even when f states are far off-resonant.38 SII and
SIII were obtained similarly.

Resonant Pump. We first assume that the pulse 1 is
resonant with the intermediate states, that is, ω1 ≈ ωeg. We
note a key difference between diagrams (I) and (II-III). The
latter two can be seen as a one-photon absorption to an e state
followed by an electronic Raman scattering from e to g′
through virtual states f. Hence, the emitted light should have
resonances at ωr = ω2 + ωeg′ ≈ ω1 + ω2 − ωg′g, with a broad
line width characterized by the electronic dephasing rate γeg, as
shown in the last Lorentzian terms of SII and SIII in eq 6. In
contrast, there is no e-state population (|e⟩⟨e|) throughout
diagram (I). It has resonances at ωr = ω1 + ω2 − ωg′g but with
a much narrower bandwidth characterized by a ground-state
slow vibrational dephasing rate γg′g. Thus, the total signal
contains narrow peaks on top of the broad electronic-Raman
background. This background makes it hard to observe the
narrow HR peaks, as shown in Figure 3a. The high spectral
resolution of diagram (I) is lowered due to a strong broad
background from diagrams (II) and (III).

Off-Resonant Pump. If both pulses are electronically off-
resonant, the relative contributions from diagrams (II) and
(III) are reduced due to the occupation of the e states, and
thus, diagram (I) will dominate and its spectral resolution is
retained. The trade-off is that the off-resonant signal intensity
is significantly reduced, as is seen in Figure 3b.

Time-Energy Entangled Photons. We now turn to the
central result of this paper: suppresion of the strong electronic-
Raman background in classical one-photon resonant HR
signals by time-energy entangled photons. Entangled photons
generated via type-II SPDC pumped by a monochromatic laser
of frequency ωP are described by the two-photon state:4,11

∬ ω ωϕ ω ω ω ω|Ψ⟩ = |Ω⟩† †a ad d ( , ) ( ) ( )i s i s i i s s (7)

ACS Photonics pubs.acs.org/journal/apchd5 Article

https://doi.org/10.1021/acsphotonics.1c00777
ACS Photonics XXXX, XXX, XXX−XXX

C

pubs.acs.org/journal/apchd5?ref=pdf
https://doi.org/10.1021/acsphotonics.1c00777?urlappend=%3Fref%3DPDF&jav=VoR&rel=cite-as


with the two-photon envelope

ϕ ω ω α
π

δ ω ω ω ω ω= + − − ̅
T

T( , )
4

( )sinc(( ) /2)i s P
e

i s P i i e

(8)

Here ai
† and as

† are the creation operators for the idler and

signal modes respectively, Te is the entanglement time, ωP is

the monochromatic pump frequency and is chosen to lie in the

gap between the e and f vibronic manifold, ω̅i is central

frequency of the idler photon and is taken to be resonant with

the electronic excitation, ω̅s is the central frequency of the

signal photon, and the Dirac delta function is responsible for

the frequency anticorrelation: ωi + ωs = ωP. We thus get,4,11

∑

π α
ω ω⟨Ψ| |Ψ⟩ =

| |
̅ ̅

× Π
−

Π
−ω ω ω ω

† †

̅ + ̅ − ̅ − ̅

E t E t E t E t
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L L

e
t t

T
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T

( ) ( ) ( ) ( ) ( ) ( )d c b a
P

e
i s

i t t t t d c

e

b a

ep

2
2 2

( )p d p c p b p a4 3 2 1

i
k
jjjjj

y
{
zzzzz

i
k
jjjjj

y
{
zzzzz

(9)

The subscript p = {p1, p2, p3, p4} labels the beams (i or s) that
interact with the molecule at times {ta, tb, tc, td}, and Π(·) is the
rectangular function: Π(x) = 1/2 for −1/2 < x < 1/2 and 0
otherwise. The rectangular functions guarantee that two
photons arrive together within Te/2. Substituting the above
expression into eq 4, we obtain
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e
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P fg fg
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g g
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2
2 2

( ) /2

( ) /2
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eg eg e

eg r eg e

p

p

1

1

4

4

(10)

SII and SIII are given in the Supporting Information.
In diagrams (II) and (III) of Figure 2, there is at least one

absorption and one emission event on the ket side within the
time interval between two photon absorptions on the bra. In
contrast, there is no event within the corresponding time
interval in diagram (I). For a short entanglement time, the
idler and signal photons are absorbed almost simultaneously,
and it is unlikely that additional events can happen in between.
From eq 4 (see Supporting Information), we can show that
SII,III/SI ∼ O(Te) as Te → 0, so SI ≫ SII + SIII for short enough
Te.
As shown in the upper panel of Figure 4c, SI is the dominant

contribution to the total HR signal at Te = 50 fs. SI is sharply
peaked at the vibrational transitions with line width
characterized by the vibrational dephasing rate γgg′, as can be
seen from the last Lorentzian term in eq 10. As the
entanglement time is increased, the aforementioned restriction
is relaxed, so the relative contributions from diagrams (II) and
(III) should become stronger, as verified in the lower panel of
Figure 4c for Te = 1 ps. Thus, entangled photons with a
sufficiently short entanglement time can suppress the
electronic-Raman background from diagrams (II) and (III).
We further note that eq 10 scales linearly with the pump

intensity |αP|
2, in contrast with the quadratic scaling in the

classical case, eq 6. The entangled-photon HR signals are
therefore stronger than the classical ones at low pump
intensities, as shown in Figure 4c for |αP|

2 = 1010/s.

■ CONCLUSIONS
We have shown that one-photon resonances can significantly
enhance the classical HR signals, but they also introduce a
strong broad electronic-Raman background. By pathway
selectivity, time-energy entangled photons can suppress this
background while retaining the intense and narrow hyper-
Raman peaks. Another advantage of entangled light for HR

Figure 3. Classical HR signals: resonant vs off-resonant. X-axis is the
Raman shift ω1 + ω2 − ωr. Vibrational transitions are marked by
vertical bars. The insets are the excitation pathways. (a) One-photon
resonant pump: ω1 = 16350 cm−1 and ω2 = 7179 cm−1. Narrow
spectral features of diagram (I) are dominated by the strong broad
background given by diagrams (II) and (III); (b) Off-resonant pump:
ω1 = 12000 cm−1 and ω2 = 11529 cm−1. Diagram (I) dominates the
signal, and thus, high spectral resolution is retained. But the signal
intensity is much weaker than that of the resonant case. Both plots use
the same units, and the signal in (b) is magnified by 400×, which is
chosen such that the maximum of SI component is around 1. Pump
photon flux is |αP|

2 = 1010/s and dephasing parameters are γee′ = γgg′ =
γf f ′ = 10 cm−1, γfe = 400 cm−1, γfg = 600 cm−1, and γeg = 100 cm−1.
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spectroscopy is that the signal scales linearly with the pump
intensity rather than quadratically. At low field intensities,
entangled photons give stronger signals than classical light and
therefore are useful for experiments on fragile biological
samples.
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S1 The expressions for SII and SIII with entangled pho-

tons

SII(ωr) =
π|αP |2

Te
L(ω̄i)

2L(ω̄s)
2
∑

g′,e,e′,f,f ′

∑
p

Vge′Ve′f ′V
∗
g′f ′Vg′fV

∗
efV

∗
ge

(ωf ′g′ − ωr + iγf ′g′)(ω̄p1 − ωeg + iγeg)

×

{
1
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ei(ω̄p4+ωe′g′−ωr+iγe′g′ )Te/2 − 1
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1
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− ei(ω̄p1−ωeg+iγeg)Te/2

ωe′g − ω̄p3 + iγe′e − iγeg
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ei(ω̄p4−ωfe′+iγfe′ )Te/2
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and

SIII(ωr) =
π|αP |2
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S2 Hyper-Raman and fluorescence signals for the one-

photon off-resonant but two-photon resonant ex-

perimental setting

In the main text, we have focused on the experimental setting with one-photon resonances

but no two-photon resonance to avoid two-photon induced fluorescence. For completeness,

here we investigate the more common experimental setting with two-photon resonances but

no one-photon resonance, and study whether the entanglement has effects on the signals.

The signal has two contributions: hyper-Raman scattering and two-photon induced flu-

orescence. The former is described by the diagram (A) in Fig. S1 and its conjugate, but the
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Figure S1: Ladder diagrams representing the Liouville-space pathways of HR and fluores-
cence signals for systems with two-photon resonant doubly-excited states but one-photon
off-resonant intermediate states. Their complex conjugates are given by other diagrams(not
shown). Diagram (A) corresponds to hyper-Raman scattering whereas (B) and (C) corre-
spond to two-photon induced fluorescence.

latter by diagram (B-C) and their conjugates.

In Fig. S2, we show separately the total signals produced by a classical monochromatic

pulse and degenerate entangled photons. One note that in both plots, the narrow HR signals

are much weaker than the fluorescence, which can erode the signal-to-noise ratio of the HR

spectrum. However, fluorescence is avoided in the one-photon resonant but two-photon

off-resonant setting introduced in the main text.

We find that photon entanglement has no effect on the relative intensities of fluorescence

and Hyper-Raman scattering. That is expected because entanglement only imposes a cor-

relation between the arrival times of first two photons, whereas it puts no restriction on the

time interval between two-photon absorption and the last photon emission. In fact, even with

classical light, two photons are almost absorbed simultaneously when there is no one-photon

resonance because of the Heisenberg uncertainty relation. Therefore, the time correlation

of the entangled photons has little effect on the signals. The major difference between the

classical and quantum signals is their quadratic vs linear scaling with the pump intensity,

but this scaling is the same for the fluorescence and Raman components and therefore will

S3



enhance both equally at low pump intensities without changing their relative magnitudes.

This is confirmed in Fig. S2(b), where both components are enhanced by π|αP |2
Te

/|αP |4 ≈ 300

times.

×
1

300

(a) Classical light

(b) Entangled photons

Figure S2: HR scattering and two-photon induced fluorescence: classical light vs. entangled
photons. (a) Classical monochromatic pulse: ωc = 12900 cm−1; (b) Degenerate entangled
photons: ωi = ωs = 12900 cm−1 and Te = 1ps. Fluorescence dominates over HR scattering
and the photon entanglement has no effects on their relative intensities but simply enhance
them equally at a low pump intensity. Other parameters are the same as in Fig. 3.
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